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Generating Integer and Fractional Orbital
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Abstract— Vortex beams carrying orbital angular momen-
tum (OAM) are extensively studied owing to its potential to
expand channel capacity of microwave and optical communi-
cation. By utilizing the Pancharatnam-Berry phase concept,
an ultrawideband single-layer metasurface is proposed to realize
the conversion from incident plane waves to reflected vortex
beams covering a considerable bandwidth from 6.75 to 21.85 GHz
(>105%). An equivalent circuit model combined with broadband
phase shift network is developed to effectively design the meta-
atoms in metasurface. It is the first time to design wideband
metasurfaces with the phase-based characteristics. To verify the
proposed model, some deformed square loop meta-atoms are
proposed to construct the metasurfaces with broadband OAM
characteristic. Moreover, the vortex beams with the integer
(I = =3), fractional (I = —1.5), and high-order (I = —10) OAM
mode are generated. Based on an OAM spectral analysis, the
mode purity of the generated vortex waves is discussed in detail.
The experimental results achieve a good agreement with those
obtained from the simulation, thus proving the effectiveness and
practicability of the proposed method.

Index Terms—Fractional orbital angular momentum (OAM)
mode, metasurface, OAM, Pancharatnam-Berry (PB) phase,
ultrawideband.

I. INTRODUCTION

INCE orbital angular momentum (OAM) was known in
Sthe optics field in 1992 [1], the vortex waves carrying
OAM have gradually become a hot field of research. Like spin
angular momentum (SAM), OAM is one of the fundamental
physical quantities of electromagnetic (EM) waves. SAM
associated with left and right circularly polarized EM waves
only offers limited channels. However, OAM can theoretically
achieve larger channel capacity by using the orthogonality
of different OAM modes [2], [3]. Therefore, different
OAM vortex beams have been applied in radio [4]-[6], opti-
cal [3], [7], fiber [8], [9], and quantum communications [10] to
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achieve high spectral efficiency and communication capacity.
However, the issues of misalignment, doughnut-shaped
pattern, and mode crosstalk in OAM systems still deserve a
further study. Some excellent analytical methods have been
proposed to understand the limitations of those radiating
systems [11]-[13]. Moreover, some useful applications
of OAM were also reported including super-resolution
imaging [14]-[16], structure field formation [17], [18],
optical tweezers [19], and astronomy [20].

It is well known that OAM vortex beams, characterized
by doughnut-shaped field, have helical phase front with the
azimuthal phase term of e/!? (where [ is the topological
charge, and ¢ is the azimuthal angle around the propagation
axis). Therefore, it is a basic principle to generate vortex
beams with the OAM mode / by introducing a constant
electric current with a consecutive phase of lp along a
circle. One common way is to introduce the desired phase
retardation by using spiral phase plates [21], [22] and holo-
graphic plates [23]. Obviously, this phase retardation relies
on the light propagation over distances much larger than
the wavelength to shape the wavefronts, which is difficult,
if not totally impossible, to construct ultrathin components.
The circular antenna array [24]-[26] is another approximated
way to produce OAM vortex waves with discrete currents
based on Nyquist’s theory. However, it requires a complex
feeding network. By exploiting the Pancharatnam—Berry (PB)
phase concept [27], one can produce abrupt changes in
phase, amplitude, or polarization of EM waves based on
the ultrathin components, which is so-called “metasurface.”
Resonant metasurfaces are composed of resonant scattering
units (V-shaped [28], [29] and square loop shaped [30])
with varied geometric parameters and can generate linearly
polarized OAM waves. Unfortunately, controlling abrupt phase
through geometric parameters is hard to achieve broad-
band and high performance. Several kinds of metasurfaces
have been designed to deal with the problem based on
the spin-to-orbital conversion (PB phase) theory [31]-[40].
In microwave regime, a perfect electric conductor (PEC)-
perfect magnetic conductor (PMC) metasurface was demon-
strated to achieve nearly 100% conversion efficiency within
a narrow bandwidth [39]. A four-layer metasurface was also
proposed to achieve 33% bandwidth and approximate 60%
efficiency [35]. However, those previous works mentioned
still suffer from narrow bandwidth, low efficiency, and
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bulky structure. Recently, the ultrathin reflection-type meta-
surfaces were proposed such as the dual-layer metasurfaces
with spatially rotated parallel dipoles [41] and the single-layer
metasurfaces with spatially rotated double arrow-shaped meta-
atom [42]. Although they can generate the vortex beams with
a considerable wide bandwidth, they still lack a reliable model
to design these meta-atom structures.

In this article, an equivalent circuit (EC) model combined
with broadband phase shift network is proposed to design
those meta-atom structures. On one hand, the EC model
based on lumped element provides a physical insight on the
broadband EM behavior of those meta-atom structures. On the
other hand, this constructed EC model can be utilized to
choose appropriate structures and parameters for meta-atoms
rather than time-consuming and aimless numerical simulation.
In particular, some effective EC models for deformed square
loops are demonstrated. The corresponding reflection-type
metasurfaces composed of the rotated deformed square loop
meta-atoms are further designed to convert the circularly
polarized EM beams with SAM into EM vortex waves with
both SAM and OAM within an ultrawide frequency range.
The generated integer, fractional, and high-order vortex beams
are decomposed and discussed in detail. The simulated and
experimental results verify the proposed metasurfaces.

II. DESIGN THEORY OF PROPOSED METHOD
A. Spin-to-Orbital Conversion

It is convenient to adopt a Jones formalism to analyze the
incident and scattered fields for an anisotropic meta-atom in
metasurface [43], [44]. The reflected and incident fields can
be connected by the reflection coefficients in reflected Jones
matrix, and the SAM-to-OAM process can be demonstrated
as [39]

ri; = 0.5[(rvx — ryy) + j(rxy + Vyx)]e_zjk(p (1a)
Ty = O~5[(rxx+ryy)+j(ryx _rxy)] (1b)
rrl = 0-5[(rxx+ryy)_j(ryx _rxy)] (lc)
rer = 0.5[(xx = ryy) = j(ray + 1)1 (1d)

where 7.y, ryy, 1y, and 1, are the copolarized reflection
coefficients under x-,y-, left circularly, and right circularly
polarized normal incidence. Also, 7ryy, ryx, rir, and ry
are the corresponding cross-polarized reflection coefficients.
From (1a) and (1d), an abrupt phase change e 1%k (el 2’“/’)
could be introduced by a meta-atom with a rotating angle
of kp. A helical phase wavefront could also be obtained by
a metasurface composed of rotated meta-atoms. Therefore,
the first task is to design a meta-atom with high copolar-
ized reflection coefficients r,, and ry. If a meta-atom is
mirror symmetric with respect to the yz plane or xz plane
as shown in Fig. 1(b), the corresponding ry, and ry, in
Jones matrix satisfy r,, = ryy = 0 [44]. To generate a
high SAM-to-OAM conversion within a wide bandwidth, the
ryx(w) and ryy(w) of meta-atom should satisfy following
conditions [45]:

[7xx ()] ~ |ryy(w)| ~ 1 2)
arg(ryx(w)) — arg(ryy (w)) ~ £7. (3)
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Fig. 1. (a) Photograph of vortex-beam-generating device. (b) Top view of
the meta-atom. (c) Side view of the meta-atom.

&3 Dielectric (Z,) B3 Air (Zy)

Fig. 2. (a) Equivalent transmission-line model of the single-layer metasurface
meta-atom. (b) Specific lumped parameter equivalent electrical circuit models
of proposed deformed square loop metasurface.

B. EC Analysis

As shown in Fig. 1, a single-layer dielectric substrate (F4B,
g = 2.65, h = 3 mm) is considered in this article to
maintain simple and ultrathin features, which is the same as
that employed in [42]. Fig. 2(a) illustrates the corresponding
EC model, where Zy = 377 Q is the wave impedance of air.
Zaq = Zol(e,)?? = 231.6 Q, the wave impedance of equivalent
transmission line, is related to the dielectric substrate. The
length (h = 3 mm) of the equivalent transmission line
corresponds to the thickness of the dielectric layer. The metal
ground is modeled as a short circuit. Z;(i €{1, 2}), the
equivalent impedances in x and y polarization incident fields,
respectively, depend on the specific periodic metal structure
printed on the dielectric. Some valid equivalent lumped circuit
models of Z; have already been built for some common
periodic meta-atom structures in the literature [46]-[49], such
as the mesh of metal strips (equivalent inductance), the array
of metal patch (equivalent capacitance), and the array of
square loop (a series LC circuit). According to the wideband
model of reflection-type phase-shifter [50], a series-connected
LC network is important to make its reflection coefficient
(rxx, Tyy) easier to satisfy (3) within a wide frequency range.
Therefore, the array of square loops is a promising candidate
to generate wideband vortex beams. Without the dielectric
and metal loss, their modulus of reflection coefficients |ryy|
and |ryy| in Fig. 2 are invariably equal to one and a high
reflectance in (2) can be achieved within the considered
frequency range. In order to produce the 180° phase difference
in (3), a deformed square loop meta-atom structure is proposed
in Fig. 1(b) and (c), and its equivalent electric circuit is
shown in Fig. 2(b).
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Reflection coefficients ry, and ryy of corresponding circuits
can be written as

. zZin— 7,
— Jox — Zi 7Y P
Txx = |rxxle = le_'n I ZO’ i=1 (4a)
. zin — 7,
Fyy = |Fyyle?® =22 (=2 4b
vy = [Tyl Z" ¥ Zo ( ) (4b)
where
jZatan(Bh) + (ijl- n ,%c)
= T (5)

JjZatan(Bh) + joL; + e

In (4) and (5), Zfil and Zl’.i , are the impedances of the
ECs under corresponding x and y polarized incident. f is
the propagation constant in the dielectric slab. ¢, and ¢,
are phases of the x and y polarized reflection coefficients,
respectively. The phase difference ¢ is defined as follows:

¢ =x— ¢y~ (6)

To obtain a wideband phase difference ¢ ~ 7, ¢ has to satisfy
the following condition for the frequencies ranging from w;
to wy:

d¢

— =0,

(7a)
(7b)

" for all w € (w1, @)
$(w1) = p(w) = 7.

Substituting (4)—(6) into (7), one can derive a set of
effective capacitance and inductance values (L; =4.51 nH,
L, = 5.09 nH, C; = 0.014 pE, C; = 0.040 pF) for
a frequency range from 9 to 20 GHz. The corresponding
results of the EC model are shown in Fig. 3. Within the
operating bandwidth, the phase difference ¢ remains to be
180°£ 40° and the d¢/df remains to be +15°/GHz, which
verifies that such a model can achieve a broadband 180° phase
difference between x and y polarization reflection coefficients.
Since no obvious resonance occurs in the operating bandwidth,
the reflection phases ¢, and ¢, maintain a small change, which
is also the key point for the proposed meta-atom to achieve
the wideband and high-efficiency characteristics.

Co mbined with the empirical formula and the resonating
nature of the square loop [47], [49], the desired values of
capacitance and inductance could be obtained by adjusting
the geometric parameters of the deformed square loop. As the
value of by changes, this mainly affects the coupling capaci-
tance Cy between adjacent cells along the y-direction, which
eventually affects the y-direction reflection phase ¢, as shown
in Fig. 3(a). Similarly, the changes in the value of s, mainly
affects the inductance L;, which eventually influences on
the y-direction reflection phase ¢, as shown in Fig. 3(b).
Correspondingly, the reflection phase ¢, can be controlled by
changing the values of s1 and b,. By adjusting the geometric
parameters of the deformed square loop, the reflection phase
of meta-atom obtained from the simulation is consistent with
those from the proposed EC model.

Moreover, the geometric parameter of b; mainly affects
the low-frequency part of reflection phase ¢, as shown in
Fig. 3(a), which determines the low-frequency cutoff fre-
quency (w;) and low-frequency passband performance of
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Fig. 3. Simulation (Sim) and equivalent circuits (ECs) models are calculated.
Simulation results of ¢x and ¢y as a function of (a) by and (b) so. Other
parameters are (a) bp =3 mm, s; = 3.5 mm, s = 0.5 mm, and p = 10 mm
and (b)b; = 8 mm, bp =3 mm, s; = 3.5 mm, and p = 10 mm.

the meta-atom. The geometric parameter of s, mainly affects
the high-frequency part of reflection phase ¢, as shown
in Fig. 3(b), which affects the high-frequency passband per-
formance of the meta-atom. Correspondingly, the geometric
parameter of by also affects the low-frequency passband
performance of the meta-atom. The geometric parameter of
s1 determines the high-frequency cutoff frequency (w;) and
high-frequency passband performance of the meta-atom. These
guidelines will be utilized in the design of the proposed
meta-atoms.

III. SIMULATION AND EXPERIMENTAL RESULTS
A. Simulation Results of Unit

According to the equivalent model of the proposed meta-
atom and the optimization guidelines in Section II-B, two
meta-atoms are designed to achieve the expected bandwidth
by adjusting the parameters bl and s2 of the meta-atom
in Fig. 3. One is for ultrawideband (r) and the other is for high-
performance (r’). The design parameters of ultrawideband
meta-atom are p = 10 mm, b; = 9.2 mm, s = 3.5 mm, b, =
3 mm, s = 1.1 mm, and # = 3 mm. The design parameters
of high-performance broadband meta-atom are p = 10 mm,
by =8 mm, sy = 35 mm, b = 3 mm, s» = 0.3 mm,
and # = 3 mm. Their numerical simulation results can
be obtained by a commercial software HFSS. As shown in
Fig. 4(a), both the reflection coefficients at x-polarization
and y-polarization are close to one with a nearly = phase
difference within a wide frequency bandwidth, which is crucial
for an ultrawideband OAM beam generation. The working
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Fig. 4. Reflection spectrum for an ultrawideband (105%) meta-atom (r)

under (a) LP and (b) CP excitations. In (b), the corresponding efficiency is
also included.

efficiency (efficiency = 2|(rxx— ryy)/21%/Urxxl® + [rey >+
[7yx |2+ [7yy |2]) is calculated to measure the conversion perfor-
mance as illustrated in Fig. 4(b). The proposed ultrawideband
meta-atom keeps co-polarization reflection r; higher than
0.9 and efficiency higher than 0.81 within a wide bandwidth
ranging from 6.75 to 21.85 GHz. The achieved 105.6%
fractional bandwidth is significantly higher than the existing
82% fractional bandwidth of the multimode metasurface [41]
under the same efficiency condition. In order to avoid the
obvious resonance frequency around 21 GHz (which also
exists in the mentioned multimode metasurface), another high-
performance broadband meta-atom is designed by adjusting
the parameters b; and s>. A major phase change of ry, is
introduced which leads to the phase difference between the
x-polarization (r,,) and the y-polarization (r;y) reflection
coefficients more close to 7 within 8.55-19.95 GHz as shown
in Fig. 5(a). As a result, a higher co-polarization reflection
(rl’l > 0.96) and higher efficiency (efficiency > 0.9) can be
obtained as depicted in Fig. 5(b). It is important to observe
from Fig. 5(c) that the phase responses are paralleled as
expected and that the co-polarization reflection coefficients
are all higher than 0.95 within the expected frequency band
for different rotation angles, both of which are essential
for the constructed metasurface with high-purity OAM char-
acteristic. In addition, the proposed broadband meta-atom
achieves a fractional bandwidth of 80%, which is signifi-
cantly higher than the existing fractional bandwidth of 40%
(12-18 GHz) in high-performance double-arrow-shaped
metasurface [42].
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Fig. 5. Reflection spectrum for a high-performance broadband meta-atom (r”)
under (a) LP and (b) CP wave excitations. In (a), the results of ultrawideband
meta-atom (r) are included. In (b), the corresponding efficiency is also
included. (c) Reflection spectrum for the high-performance broadband meta-
atom with different rotation angles under CP wave excitations.

B. Numerical Near-Field Results of Metasurface

As the spin-to-orbital conversion concept discussed above,
a metasurface with a desired vortex phase profile e//? can be
constructed by arranging the mentioned meta-atoms at differ-
ent ¢ with a certain rotated angle k¢. Here, ¢ is the azimuthal
angle around the vortex beam, and [ = 2k is the OAM mode
(topological charge) of the generated vortex beams. As shown
in Fig. 6, the specific topologies of metasurfaces with
[ = +£1,£1.5,£2, and £3 are composed of a 16 x 16 array
of the rotated meta-atoms. To illustrate the wideband behavior
of the proposed metasurfaces, both the near-field and far-field
EM performances have been demonstrated to verify its vortex
property. Under the excitation of a left-handed (LH) circular
polarization plane wave, the vortex beams with the OAM mode
of | = —1.5 and | = —3 are generated separately by the
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Fig. 6. Layouts of the proposed metasurface with the OAM mode of
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proposed metasurfaces in this article. At different frequencies,
both the LH and right-handed (RH) components of reflected
electric field are sampled and decomposed in Figs. 7 and 8.
The sampling plane size is 180 mm x 180 mm and the
distance between the metasurface and sampling plane is
100 mm. A donut-like amplitude and vortex phase of electric
field can be found from the LH component in the sampling
field, which are consistent with the OAM wave characteristics.
For a quantitative analysis of the purity of the OAM modes,
the Fourier transform analysis is implemented to decompose
the individual OAM modes. The corresponding equations are
given as follows [51]:
2n )
5o | e dy ®)
T

OEDI A ©)
1

Ay

where y(p) is a function of the sampled field along the
circumference of the z-axis, where the LH component electric
field peaks in the sampling plane. Here, the OAM modes from
[ = —5to ! =5 are considered and the energy weight of the
OAM mode [ is defined as follows:

Ay

s Ar

The Fourier analysis results in Fig. 7 shows that the
expected OAM mode /! = —3 is the main part in the LH
(co-polarized) component of the reflected electric field and
other OAM modes in the LH component are small enough
to be ignored except for some possible interference OAM
modes [ = —3 £ 4n(n € Z) which are introduced by the
directional anisotropy of square lattice. For the RH (cross-
polarized) component of the reflected electric field, the OAM
mode / = 0 occupies the dominant part. The energy weight of
RH component primarily depends on the efficiency of the spin-
to-orbital conversion of the proposed meta-atom. As shown

energy weight = (10)

3, MARCH 2020
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Fig. 7. Near-field observation and corresponding spectral analyses of the
generated [ = —3 vortex beams at different frequency. The sampling plane

size is 180 mm x 180 mm and the distance between the metasurface and
sampling plane is 100 mm.

in Fig. 5(b), since a higher conversion efficiency can be
obtained in frequency range from 9 to 14 GHz than frequency
range from 14 to 18 GHz, the generated [ = —3 vortex
beams possess a higher energy weight at 11 and 13 GHz
(around 70%) than that at 15 and 17 GHz (around 50%).
Fig. 8 shows a Fourier spectrum analysis of the generated
[ = —1.5 vortex wave, where [ in (8) satisfies | = —1.5
+n(n € Z) to maintain the orthogonality of the fractional
OAM mode for LH component. Similar results can be
obtained in the same way as the generated / = —3 vortex
wave. One significant difference between the fractional
modes and the integer ones is that the amplitude zeros
(phase singularities) of the fractional modes occur not
only in the center but also spread out in one direction
(4+y direction in this article). It results in a notched
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Fig. 8. Near-field observation and corresponding spectral analyses of the
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sampling plane is 100 mm.

donut-shaped radiation pattern as shown in Fig. 8. In addition,
such a phase-singularity structure also causes a fact that the
purity of the fractional mode (0.35-0.45 energy weight) is
lower than the integer mode (0.48-0.75 energy weight).

C. Numerical and Experimental Far-Field
Results of Metasurface

The corresponding Fourier spectral analysis is further
implemented for the generated far-field OAM vortex beams.
6 and ¢ are the polar and azimuthal angles in the spherical
coordinates, respectively. The sampling polar angle @ is taken
at the maximum point in electric field pattern. For the far-
field spectral analysis of the generated [ = —1.5 vortex beam
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Fig. 9. Spectral analyses of the generated far-field vortex beams with the

OAM mode. (a) [ = —1.5. (b) Il = —3. (c) Both far-field directivity and energy
weight of the generated vortex beam with the OAM mode / = —3 at different
sampling polar angle 6.

in Fig. 9(a), the mode / = —1.5 still occupies the most energy
weight. However, the energy weight at far-field is obviously
attenuated in comparison with the near-field results. Note
that the energy of [ = —1.5 mode at far-field is converted
into adjacent fractional modes. The notched doughnut patterns
become unobvious than that of the near-field results, which
implies that the fractional order modes are not suitable for
long-distance transmission. For the generated far-field beams
with the OAM mode ! = —3, a uniform amplitude and a
continuous phase of far-field electric field are obtained at a
polar angle & = 17° in Fig. 9(b). Consequently, a high-
purity vortex spectrum with the energy weight of 0.65 can
be obtained by (10). It means that the proposed metasurface
can produce high-purity integer-order vortex waves at both the
near- and far-fields. By observing the directivity of generated
vortex beams in Fig. 9(c), the main lobe of the pattern
becomes narrower and the number of side lobes increases as
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Fig. 10. Far-field spectral analyses of vortex beams generated by metasur-

faces with (a) [ = £3, 16 x 16 array, (b) [ = +10, 16 x 16 array, and
(c) I = £10, 20 x 20 array. The corresponding LH and RH components of
far-field electric field are also included.

the frequency increases, which have the same characteristics
as the vortex beams generated by the antenna array [2].
As shown in the corresponding energy weight in Fig. 9(c),
the mode purity near the main lobe reaches its highest
value, which is crucial for the reception of high-performance
vortex waves.

A high-order vortex beam with the OAM mode / = —10 is
generated by the metasurface with a 16 x 16 array of
the proposed meta-atoms. Its corresponding far-field spectral
analyses from / = —10 to [ = 10 are also shown in Fig. 10(b).
Compared with the results generated by [ = —3 metasurface
in Fig. 10(a), the higher order vortex beam suffer more from
its divergence angle and uneven amplitude of the main lobe.
Therefore, a wider spectral crosstalk and a lower energy
weight 0.53 could be achieved. In principle, it can be under-
stood as the Nyquist sampling theorem that the metasurface
also needs a certain number of meta-atoms to approximately
produce vortex waves with high-order OAM. Based on the
results in Fig. 10(a) and (b), it is reasonable to observe
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Fig. 11.  Comparisons of the simulated and measured normalized pat-
terns in the xoz plane under the excitation of an LHCP spiral antenna.
(a) Co-polarized LHCP and (b) cross-polarized RHCP patterns of the proposed
metasurface with / = —3. (c) LHCP patterns of the proposed metasurface
with [ = —1.5.

that the vortex waves with the high-order modes are not as
robust (high performance) as when / is small under the same
size and structure of metasurface. Fig. 10(c) shows a larger
| = £10 metasurface with a 20 x 20 array of meta-atoms and
corresponding spectral analyses. The amplitude of generated
vortex beam shows a more uniform distribution along ¢ than
the case of metasurface with a 16 x 16 array of meta-atoms.
The corresponding spectral analyses prove that increasing the
effective area of metasurface (R%) or the effective number
of meta-atoms can improve the energy weight of the gen-
erated vortex wave (from 0.53 to 0.61 in this case), which
is the key point to produce the high-order and high-purity
vortex waves by the metasurface. Moreover, the divergence
angle of the main lobe is also reduced from 6 = 36° to
0 = 30° by increasing the area (R?) of metasurface, as shown
in Fig. 10(b) and (c).

For the experimental verification, both the metasurfaces
with [ = 43 and / = +1.5 are fabricated and measured.
A wideband LH Archimedes spiral antenna with VSWR < 2
and an axial ratio less than 4 dB within 7-18 GHz is used for
the excitation. Moreover, the spiral antenna can benefit from
its small cross-sectional radius of 12 mm to ensure negligible
influence on the reflected vortex beams. The transmitting
antenna and metasurface are fixed on a foam box at a distance
of 100 mm as shown in Fig. 1(a). Both the measured and
simulated patterns are normalized to the co-polarized (LHCP)
pattern. As shown in Fig. 11, the measured patterns of the
modes /| = —3 and [ = —1.5 are consistent with the
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Fig. 12. Near-field sampling results under the excitation of an LHCP spiral
antenna. (a) Amplitude and phase distributions of reflection vortex beam with
the OAM mode / = —3. (b) Spectral analyses of the sampling results. The
photograph of corresponding experimental system is also included.

simulated patterns varied from 9 to 18 GHz. The cross-
polarization (RHCP) patterns of I = —3 are significantly lower
than the co-polarization (LHCP) patterns, except for the high-
frequency patterns at 16 and 18 GHz, where the conversion
efficiency of metasurface is small. The hollow patterns suggest
that both the / = —3 and / = —1.5 reflection beams carry
the OAM characteristics. One difference is that the patterns
of the I = —1.5 vortex wave become less of symmetric in
comparison with the [ = —3 case.

D. Numerical and Experimental Near-Field
Results of Metasurface

The sampling plane size is 400 mm x 400 mm and the
distance between the metasurface and the sampling plane is
220 mm. The spiral antenna is placed between the metasurface
and the sampling plane to excite the circularly polarized plane
waves for the metasurface with OAM / = +£3. Hollow vortex
beams can effectively avoid the excitation antenna placed
on the z-axis. The results of the low-frequency parts are
shown in Fig. 12(a). The amplitude and phase distributions
of measurement reflection vortex beam are good agreement
with the simulation results. The expected null appears in the
central region of the electric field magnitude and the phase
front of the generated vortex beam winds by 6z around the
z-axis, which are the typical vortex wave characteristics with
the OAM mode [ = —3. The OAM spectra of the sampling
results are shown in Fig. 12(b). The energy weight of the
expected OAM mode [ = —3 occupies the dominant part
(nearly 39-49% energy weight) which verifies the proposed
metasurface with the OAM mode / = =£3. Notice that the
achieved performance is also determined by the excitation
antenna and the alignment of the sampling plane.
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IV. CONCLUSION

In this article, a single-layer broadband meta-atom has
been proposed based on the deformed square loop struc-
ture. With such a meta-atom, a simple and high-performance
metasurface has been synthesized to generate OAM vortex
beams within a wideband range from 8.55 to 19.95 GHz.
Moreover, the corresponding EC model has been established
and the proposed broadband meta-atom can be analyzed
and designed effectively. The proposed meta-atoms can be
further applied to other phase-based devices due to its high
efficiency and broadband features, and this broadband model
can also be extended to the transmission structures. Moreover,
the vortex beams with the fractional and high-order OAM
modes have also been generated and analyzed, which may
find further applications in target detection and communication
systems. The OAM spectral analyses of both near-field and
far-field have been performed, which illustrates the high-
purity vortex characteristics of the proposed metasurface more
intuitively.

REFERENCES

[1] L. Allen, M. W. Beijersbergen, R. J. C. Spreeuw, and J. P. Woerdman,
“Orbital angular momentum of light and the transformation of
Laguerre-Gaussian laser modes,” Phys. Rev. A, Gen. Phys., vol. 45,
no. 11, pp. 8185-8189, 1992.

[2] S. M. Mohammadi et al., “Orbital angular momentum in radio—
A system study,” IEEE Trans. Antennas Propag., vol. 58, no. 2,
pp. 565-572, Feb. 2010.

[3] J. Wang et al., “Terabit free-space data transmission employing orbital
angular momentum multiplexing,” Nature Photon., vol. 6, no. 7,
pp. 488-496, Jun. 2012.

[4] Y. Yan et al., “High-capacity millimetre-wave communications with
orbital angular momentum multiplexing,” Nature Commun., vol. 5,
Sep. 2014, Art. no. 4876.

[5] F. Tamburini, E. Mari, A. Sponselli, B. Thidé, A. Bianchini, and
F. Romanato, “Encoding many channels on the same frequency through
radio vorticity: First experimental test,” New J. Phys., vol. 14, no. 11,
pp. 78001-78004, Mar. 2012.

[6] X. Hui et al., “Multiplexed millimeter wave communication with dual
orbital angular momentum (OAM) mode antennas,” Sci. Rep., vol. 5,
May 2015, Art. no. 10148.

[71 G. Gibson et al., “Free-space information transfer using light beams
carrying orbital angular momentum,” Opt. Express, vol. 12, no. 22,
pp. 5448-5456, Nov. 2004.

[8] F. Feng, X. Jin, D. O’Brien, F. P. Payne, and T. D. Wilkinson,
“Mode-group multiplexed transmission using OAM modes over 1
km ring-core fiber without MIMO processing,” in Proc. Opt. Fiber
Commun. Conf. Exhib. (OFC), Los Angeles, CA, USA, Mar. 2017,
pp. 1-3.

[9]1 L. Zhu et al., “First demonstration of orbital angular momentum (OAM)

distributed Raman amplifier over 18-km OAM fiber with data-carrying

OAM multiplexing and wavelength-division multiplexing,” in Proc. Opt.

Fiber Commun. Conf. Expo. (OFC), San Diego, CA, USA, Mar. 2018,

pp- 1-3.

A. Mair, A. Vaziri, G. Weihs, and A. Zeilinger, “Entanglement of the

orbital angular momentum states of photons,” Nature, vol. 412, no. 6844,

pp. 313-316, Jul. 2001.

A. F. Morabito, L. Di Donato, and T. Isernia, “Orbital angular momen-

tum antennas: Understanding actual possibilities through the aper-

ture antennas theory,” IEEE Antennas Propag. Mag., vol. 60, no. 2,

pp- 59-67, Apr. 2018.

O. Edfors and A. J. Johansson, “Is orbital angular momen-

tum (OAM) based radio communication an unexploited area?”

IEEE Trans. Antennas Propag., vol. 60, no. 2, pp. 1126-1131,

Feb. 2012.

[13] M. Barbuto, M.-A. Miri, A. Alu, F. Bilotti, and A. Toscano,
“Exploiting the topological robustness of composite vortices in
radiation systems,” Prog. Electromagn. Res., vol. 162, pp. 39-50,
2018.

[10]

(11]

[12]

Authorized licensed use limited to: Zhejiang University. Downloaded on January 24,2026 at 01:53:22 UTC from IEEE Xplore. Restrictions apply.



2174

[14]

[15]

[16]

[17]

(18]

[19]

[20]

[21]

[22]

[23]

[24]

[25]

[26]

[27]

(28]

[29]

[30]

[31]

[32]

[33]

[34]

[35]

[36]

[37]

IEEE TRANSACTIONS ON ANTENNAS AND PROPAGATION, VOL. 68, NO. 3, MARCH 2020

M. Lin, Y. Gao, P. Liu, and J. Liu, “Super-resolution orbital angular
momentum based radar targets detection,” Electron. Lett., vol. 52, no. 13,
pp. 1168-1170, Jun. 2016.

K. Liu, Y. Cheng, Y. Gao, X. Li, Y.-L. Qin, and H. Wang, “Super-
resolution radar imaging based on experimental OAM beams,” Appl.
Phys. Lett., vol. 110, no. 16, 2017, Art. no. 164102.

L. Chen, J. Lei, and J. Romero, “Quantum digital spiral imaging,” Light,
Sci. Appl., vol. 3, no. 3, p. el53, 2014.

M. Barbuto, F. Bilotti, and A. Toscano, ‘“Patch antenna
generating structured fields with a Mobius polarization state,”
IEEE Antennas Wireless Propag. Lett., vol. 16, pp. 1345-1348,

2017.

C. Zhang and D. Chen, “Large-scale orbital angular momentum radar
pulse generation with rotational antenna,” IEEE Antennas Wireless
Propag. Lett., vol. 16, pp. 2316-2319, 2017.

D. G. Grier and Y. Han, “Erratum: Vortex rings in a constant electric
field,” Nature, vol. 424, p. 510, Jun. 2003.

N. Uribe-Patarroyo et al., “Detecting photons with orbital angular
momentum in extended astronomical objects: Application to solar
observations,” Astron. Astrophys., vol. 526, no. 2, pp. 202-207,
2010.

X. Hui et al., “Ultralow reflectivity spiral phase plate for generation of
millimeter-wave OAM beam,” IEEE Antennas Wireless Propag. Lett.,
vol. 14, pp. 966-969, 2015.

M. Uchida and A. Tonomura, “Generation of electron beams carrying
orbital angular momentum,” Nature, vol. 464, no. 7289, pp. 737-739,
Apr. 2010.

P. Genevet, J. Lin, M. A. Kats, and F. Capasso, “Holographic detection
of the orbital angular momentum of light with plasmonic photodiodes,”
Nature Commun., vol. 3, no. 4, 2012, Art. no. 1278.

S. M. Mohammadi et al., “Orbital angular momentum in radio:
Measurement methods,” Radio Sci., vol. 45, no. 4, pp. 1-14,
Aug. 2010.

B. Thid€ et al., “Utilization of photon orbital angular momentum in the
low-frequency radio domain,” Phys. Rev. Lett., vol. 99, no. 8, Aug. 2007,
Art. no. 087701.

K. Liu et al, “Generation of OAM beams using phased array in
the microwave band,” IEEE Trans. Antennas Propag., vol. 64, no. 9,
pp. 3850-3857, Sep. 2016.

M. V. Berry, “The adiabatic phase and Pancharatnam’s phase for
polarized light,” J. Mod. Opt., vol. 34, no. 11, pp. 1401-1407,
1987.

N. Yu et al., “Light propagation with phase discontinuities: General-
ized laws of reflection and refraction,” Science, vol. 334, no. 6054,
pp. 333-337, Oct. 2011.

P. Genevet et al., “Ultra-thin plasmonic optical vortex plate based on
phase discontinuities,” Appl. Phys. Lett., vol. 100, no. 1, Jan. 2012,
Art. no. 013101.

S. Yu, L. Li, and N. Kou, “Generation, reception and separa-
tion of mixed-state orbital angular momentum vortex beams using
metasurfaces,” Opt. Mater. Express, vol. 7, no. 9, pp. 3312-3321,
Sep. 2017.

F. Bouchard, I. De Leon, S. A. Schulz, J. Upham, E. Karimi, and
R. W. Boyd, “Optical spin-to-orbital angular momentum conversion in
ultra-thin metasurfaces with arbitrary topological charges,” Appl. Phys.
Lett., vol. 105, no. 10, 2014, Art. no. 101905.

E. Karimi, S. A. Schulz, I. De Leon, H. Qassim, J. Upham, and
R. W. Boyd, “Generating optical orbital angular momentum at visible
wavelengths using a plasmonic metasurface,” Light, Sci. Appl., vol. 3,
no. 5, p. el67, May 2014.

L. Marrucci, C. Manzo, and D. Paparo, “Optical spin-to-orbital angular
momentum conversion in inhomogeneous anisotropic media,” Phys. Rev.
Lett., vol. 96, no. 16, 2006, Art. no. 163905.

N. Yu and F. Capasso, “Flat optics with designer metasurfaces,” Nature
Mater., vol. 13, no. 2, pp. 139-150, 2014.

S. Jiang, C. Chen, H. Zhang, and W. Chen, “Achromatic electromag-
netic metasurface for generating a vortex wave with orbital angular
momentum (OAM),” Opt. Express, vol. 26, no. 5, pp. 6466-6477,
Mar. 2018.

K. Zhang et al., “Phase-engineered metalenses to generate converging
and non-diffractive vortex beam carrying orbital angular momentum
in microwave region,” Opt. Express, vol. 26, no. 2, pp. 1351-1360,
2018.

M. Pu et al., “Spatially and spectrally engineered spin-orbit interac-
tion for achromatic virtual shaping,” Sci. Rep., vol. 5, May 2014,
Art. no. 9822.

(38]

[39]

[40]

[41]

[42]

[43]

[44]

[45]

[40]

[471

(48]

[49]

[50]

[51]

K. Zhang, X. Ding, L. Zhang, and Q. Wu, “Anomalous three-
dimensional refraction in the microwave region by ultra-thin high
efficiency metalens with phase discontinuities in orthogonal directions,”
New J. Phys., vol. 16, no. 10, Oct. 2014, Art. no. 103020.

M. L. N. Chen, L. J. Jiang, and W. E. 1. Sha, “Artificial perfect
electric conductor-perfect magnetic conductor anisotropic metasurface
for generating orbital angular momentum of microwave with nearly
perfect conversion efficiency,” J. Appl. Phys., vol. 119, no. 6, 2016,
Art. no. 064506.

H.-X. Xu, G.-M. Wang, T. Cai, J. Xiao, and Y.-Q. Zhuang, “Tunable
Pancharatnam—Berry metasurface for dynamical and high-efficiency
anomalous reflection,” Opt. Express, vol. 24, no. 24, pp. 2783627848,
2016.

H.-X. Xu, H. Liu, X. Ling, Y. Sun, and F. Yuan, “Broadband vortex
beam generation using multimode Pancharatnam-Berry metasurface,”
IEEE Trans. Antennas Propag., vol. 65, no. 12, pp. 7378-7382,
Dec. 2017.

Y. Ran, J. Liang, T. Cai, and H. Li, “High-performance broadband vortex
beam generator using reflective Pancharatnam—Berry metasurface,” Opt.
Commun., vol. 427, pp. 101-106, Nov. 2018.

Y. Yao, X. Liang, M. Zhu, W. Zhu, J. Geng, and R. Jin, “Analysis and
experiments on reflection and refraction of orbital angular momentum
waves,” IEEE Trans. Antennas Propag., vol. 67, no. 4, pp. 2085-2094,
Apr. 2019.

C. Menzel, C. Rockstuhl, and F. Lederer, “Advanced Jones calculus for
the classification of periodic metamaterials,” Phys. Rev. A, vol. 82, no. 5,
2010, Art. no. 053811.

W.J. Luo, S. L. Sun, H.-X. Xu, Q. He, and L. Zhou, “Transmissive ultra-
thin Pancharatnam-Berry metasurfaces with nearly 100% efficiency,”
Phys. Rev. Appl., vol. 7, no. 4, Apr. 2017, Art. no. 044033.

O. Luukkonen et al., “Simple and accurate analytical model of pla-
nar grids and high-impedance surfaces comprising metal strips or
patches,” IEEE Trans. Antennas Propag., vol. 56, no. 6, pp. 1624-1632,
Jun. 2008.

M. A. R. Barrera and W. P. Carpes, “Bandwidth for the equiv-
alent circuit model in square-loop frequency selective surfaces,”
IEEE Trans. Antennas Propag., vol. 65, no. 11, pp. 5932-5939,
Nov. 2017.

D. Ferreira, R. F. S. Caldeirinha, I. Cuifias, and T. R. Fernandes, “Square
loop and slot frequency selective surfaces study for equivalent circuit
model optimization,” IEEE Trans. Antennas Propag., vol. 63, no. 9,
pp. 3947-3955, Sep. 2015.

R. J. Langley and E. A. Parker, “Equivalent circuit model for
arrays of square loops,” Electron. Lett., vol. 18, no. 7, pp. 294-296,
1982.

K. Miyaguchi et al., “An ultra-broad-band reflection-type phase-

shifter MMIC with series and parallel LC circuits,” [EEE
Trans. Microw. Theory Techn., vol. 49, no. 12, pp. 2446-2452,
Dec. 2001.

B. Jack, M. J. Padgett, and S. Franke-Arnold, “Angular diffraction,” New
J. Phys., vol. 10, no. 10, 2008, Art. no. 103013.

Ling-Jun Yang (S’19) was born in Guilin, China.
He received the B.Eng. degree in electrical engineer-
ing from Xidian University, Xi’an, China, in 2017.
He is currently pursuing the Ph.D. degree in elec-
tromagnetic field and radio technology from the
University of Electronic Science and Technology of
China, Chengdu, China.

His current research interests include electromag-
netic vortex beam with orbital angular momentum,
spiral antennas, and metasurface.

Authorized licensed use limited to: Zhejiang University. Downloaded on January 24,2026 at 01:53:22 UTC from IEEE Xplore. Restrictions apply.



YANG et al.: ULTRAWIDEBAND REFLECTION-TYPE METASURFACE FOR GENERATING INTEGER AND FRACTIONAL OAM

Sheng Sun (S’02-M’07-SM’12) received the
B.Eng. degree in information engineering from
Xi’an Jiaotong University, Xi’an, China, in 2001 and
the Ph.D. degree in electrical and electronic engi-
neering from Nanyang Technological University
(NTU), Singapore, in 2006.

From 2005 to 2006, he was with the Institute of
Microelectronics, Singapore. From 2006 to 2008,
he was a Post-Doctoral Research Fellow with NTU.
From 2008 to 2010, he was a Humboldt Research
Fellow with the Institute of Microwave Techniques,
University of Ulm, Ulm, Germany. From 2010 to 2015, he was a Research
Assistant Professor with The University of Hong Kong, Hong Kong. Since
2015, he has been a Full Professor with the University of Electronic Science
and Technology of China, Chengdu, China. He has authored or coauthored
one book and two book chapters, and over 160 journals and conference
publications. His current research interests include electromagnetic theory,
computational mathematics, multiphysics, numerical modeling of planar cir-
cuits and antennas, microwave passive and active devices, and the microwave-
and millimeter-wave communication systems.

Dr. Sun is currently a member of the Editorial Board of the Interna-
tional Journal of RF and Microwave Computer Aided Engineering. He was
a recipient of the ISAP Young Scientist Travel Grant, Japan, in 2004,
the Hildegard Maier Research Fellowship of the Alexander Von Humboldt
Foundation, Germany, in 2008, the Outstanding Reviewer Award of the IEEE
MICROWAVE AND WIRELESS COMPONENTS LETTERS in 2010, and the
General Assembly Young Scientists Award from the International Union of
Radio Science in 2014. He was a co-recipient of the several best student paper
awards of international conferences. He was an Associate Editor of the /EICE
Transactions on Electronics from 2010 to 2014 and a Guest Associate Editor
of the Applied Computational Electromagnetics Society Journal in 2017.
He serves as an Associate Editor for the IEEE MICROWAVE AND WIRELESS
COMPONENTS LETTERS.

2175

Wei E. 1. Sha (M’09-SM’17) received the B.S.
and Ph.D. degrees in electronic engineering from
Anhui University, Hefei, China, in 2003 and 2008,
respectively.

From July 2008 to July 2017, he was a Post-
Doctoral Research Fellow and a Research Assistant
Professor with the Department of Electrical and
Electronic Engineering, The University of Hong
Kong, Hong Kong. In October 2017, he joined
the College of Information Science and Elec-
tronic Engineering, Zhejiang University, Hangzhou,
China, where he is currently a tenure-tracked Assistant Professor. From
March 2018 to March 2019, he was with the University College London, Lon-
don, U.K., as a Marie Sklodowska-Curie Individual Fellow. He has authored
or coauthored 105 refereed journal articles, 106 conference publications,
including 27 invited talks, four book chapters, and two books. His Google
Scholar citation is 4346 with h-index of 29. His current research interests
include theoretical and computational research in electromagnetics and optics,
focusing on the multiphysics and interdisciplinary research fundamental and
applied aspects in multiphysical electromagnetics, topological electromagnet-
ics, nonlinear electromagnetics, quantum electromagnetics, and computational
electromagnetics.

Dr. Sha is a member of The Optical Society of America (OSA) and a
technical program committee member of nine IEEE conferences. He has
served as an Editorial Board Member for the Progress in Electromagnetics
Research. He was a recipient of the Second Prize of Science and Technology
from Anhui Province Government, China, in 2015 and the Thousand Talents
Program for Distinguished Young Scholars of China in 2007. He received four
Best Student Paper Prizes and one Young Scientist Award with his students.
He has also served as a reviewer for 50 technical journals. He has served as a
Guest Editor for the IEEE JOURNAL ON MULTISCALE AND MULTIPHYSICS
COMPUTATIONAL TECHNIQUES and the Applied Computational Electromag-
netics Society Journal.

Authorized licensed use limited to: Zhejiang University. Downloaded on January 24,2026 at 01:53:22 UTC from IEEE Xplore. Restrictions apply.




<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Black & White)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 524288
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 0
  /ParseDSCComments false
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo true
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
    /AdobeArabic-Bold
    /AdobeArabic-BoldItalic
    /AdobeArabic-Italic
    /AdobeArabic-Regular
    /AdobeHebrew-Bold
    /AdobeHebrew-BoldItalic
    /AdobeHebrew-Italic
    /AdobeHebrew-Regular
    /AdobeHeitiStd-Regular
    /AdobeMingStd-Light
    /AdobeMyungjoStd-Medium
    /AdobePiStd
    /AdobeSansMM
    /AdobeSerifMM
    /AdobeSongStd-Light
    /AdobeThai-Bold
    /AdobeThai-BoldItalic
    /AdobeThai-Italic
    /AdobeThai-Regular
    /ArborText
    /Arial-Black
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /BellGothicStd-Black
    /BellGothicStd-Bold
    /BellGothicStd-Light
    /ComicSansMS
    /ComicSansMS-Bold
    /Courier
    /Courier-Bold
    /Courier-BoldOblique
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /Courier-Oblique
    /CourierStd
    /CourierStd-Bold
    /CourierStd-BoldOblique
    /CourierStd-Oblique
    /EstrangeloEdessa
    /EuroSig
    /FranklinGothic-Medium
    /FranklinGothic-MediumItalic
    /Gautami
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Helvetica
    /Helvetica-Bold
    /Helvetica-BoldOblique
    /Helvetica-Oblique
    /Impact
    /KozGoPr6N-Medium
    /KozGoProVI-Medium
    /KozMinPr6N-Regular
    /KozMinProVI-Regular
    /Latha
    /LetterGothicStd
    /LetterGothicStd-Bold
    /LetterGothicStd-BoldSlanted
    /LetterGothicStd-Slanted
    /LucidaConsole
    /LucidaSans-Typewriter
    /LucidaSans-TypewriterBold
    /LucidaSansUnicode
    /Mangal-Regular
    /MicrosoftSansSerif
    /MinionPro-Bold
    /MinionPro-BoldIt
    /MinionPro-It
    /MinionPro-Regular
    /MinionPro-Semibold
    /MinionPro-SemiboldIt
    /MVBoli
    /MyriadPro-Black
    /MyriadPro-BlackIt
    /MyriadPro-Bold
    /MyriadPro-BoldIt
    /MyriadPro-It
    /MyriadPro-Light
    /MyriadPro-LightIt
    /MyriadPro-Regular
    /MyriadPro-Semibold
    /MyriadPro-SemiboldIt
    /PalatinoLinotype-Bold
    /PalatinoLinotype-BoldItalic
    /PalatinoLinotype-Italic
    /PalatinoLinotype-Roman
    /Raavi
    /Shruti
    /Sylfaen
    /Symbol
    /SymbolMT
    /Tahoma
    /Tahoma-Bold
    /Times-Bold
    /Times-BoldItalic
    /Times-Italic
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Times-Roman
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Tunga-Regular
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
    /Webdings
    /Wingdings-Regular
    /ZapfDingbats
    /ZWAdobeF
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 600
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 600
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 300
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 900
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.33333
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /Unknown

  /CreateJDFFile false
  /Description <<
    /ENU ()
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


